Quasi-Periodic Oscillations (QPOs) are very puzzling since they remain totally unexplained by popular earlier models of accretion disks. The significant rms value in power density spectrum implies that the oscillation involves in the dynamical and non-linear variation of certain region of the accretion disk itself. The nature of the energy dependence implies that the region which produces Comptonized hard tail is also responsible for QPOs. Similarly, the occurrences of the QPOs are strongly related to the jet formation and the spectral states. These features are the natural consequences of the advective disk paradigm that we are advocating. In the mid 90s, some of the present authors first pointed out that the QPOs in all possible types of black holes may be simply due to the oscillations of the CENBOL, the CENtrifugal pressure supported BOundary Layer which is formed in the sub-Keplerian flows around a black hole. This CENBOL could be axi-symmetric as well as non-axisymteric in nature since its boundary, namely, the centrifugally driven shocks could be axi-symmetric or non-axisymmetric. In addition, we pointed out that the transition radius where the flow becomes Keplerian to subKeplerian, as well as the location of the inner sonic point can also oscillate and produce the QPOs. Since the shock locations are functions of the specific angular momentum (λ) and specific energy (E) of the flow, our model naturally predicts that the QPO frequency should vary with mass, spin, λ and E. The QPO frequencies with specific ratios, such as, 2:3 must be due to non-axisymmetric effects when the shock switches between the two-armed and the three-armed spirals. We also discuss the possible effects that the disk inclination might have with the line of sight.
Introduction
Quasi-Periodic Oscillations (QPOs) of radiations emitted from the accretion disks of black hole candidates remain totally unexplained by the 'standard' model of accretion disk (Shakura & Sunyaev, 1973) or Advection Dominated Accretion Disk (Esin et al. 1998 ) or any of their variations. The oscillations manifest themselves so powerfully that they leave little doubt that they are not merely due to vibrations of the disks or jets. Rather, regions of the disks are dynamically oscillating and causing the modulation in radiation intensity. Moreover, while the thickness of the region determines the 'Q' value of the QPO, the size of that region determines the frequency itself. The movement of that region causes drifting of the frequency. Thus a gradual or rapid increase of frequency means that the region moves towards the black hole, while the decrease of frequency means that the region is drifting away.
Another interesting and quite general property of QPOs is that with the increase in luminosity, the frequency goes up, as if the region moves closer to the black hole. Also, the higher energy photons appear to have sharper QPOs. In very soft states QPOs disappear.
What is this 'region' which causes QPOs in black hole and neutron star candidates? Guesses and counter-guesses are rampant ranging from blobby disks, gravitational lensing, some instability at inner stable orbit to elliptical precessing trajectories in the disks. In reality, the QPOs are the most natural manifestation of a non-steady sub-Keplerian flow in which cooling through radiative effects or dynamical cooling through jets is important. We have argued for over a decade now that QPOs are due to oscillations of the CENBOL, the CENtrifugal pressure supported BOundary Layer which is bounded by a shock and the sonic point. With every new observation this assertion is vindicated even further. The oscillation frequency is roughly the infall time of matter in the CENBOL. With increase in luminosity,the post-shock region cools down and the shock moves closer and the frequency is also increased. This review is to show the present status of the QPOs in black hole candidates, especially emphasizing the occurrences of QPO frequencies in 2:3 ratio.
Even though there are popular 'models' which can 'explain' the 'frequencies' of QPOs by vibrations of the disk, or Keplerian frequency at the inner stable orbit, or trapped oscillations, etc. these models can be numerology at the best. By definition, any perturbation would oscillate with a frequency close or equal to the Keplerian frequency, whether it is perturbed vertically or horizontally or any other way. One can always identify that with QPO frequency. So, explaining the frequency is not an issue. The major issue is to answer the question: does any solution (not a model) actually reproduce the power density spectra, break frequency, the power at the QPO frequency, even the multitude of QPOs observed on the same day, and explain the variation of QPO frequency with luminosity etc. ? We are convinced that since we stick to the proper (time dependent) solutions of the governing equations, our explanation is the most natural and universal. If there are deficiencies in terms of details, the problem lies not in our approach, but in the non-inclusion of all the physical processes in the governing equations.
QPOs from Axisymmetric Oscillations
To some, the inner stable circular orbit (ISCO) has always some thing to do with the quasi-periodic oscillations (QPOs). This is totally wrong since for a given black hole candidate (i.e., for a given ISCO location, and thus frequency of the Keplerian orbit), there can be a wide variation in QPO frequency, often ranging from a few mHz to a few Hz (see, works of Remillard et al. 1999 and references therein and Chakrabarti & Manickam, 2000; ). Very often, several QPO frequencies are detected simultaneously. As stated in the introduction, since QPOs have significant power (a few percent of rms value) it is not a 'vibration' (i.e., diskoseismological effects) of something. Rather, they are due to oscillations of various regions as a whole. In a two component advective paradigm there are several length scales which may participate in 'natural' oscillations. These are: (a) r = r Kep which is the inner edge of the Keplerian disk which need not be ISCO. r Kep could extend to even a few hundred r g , the Schwarzschild radius. (b) r = r s is the mean location of the shock. This can vary from ∼ 5r g to 100r g depending on specific energy and specific angular momentum. For a Kerr black hole the lower limit could be even closer to the black hole. (c) r = r in , the location of the inner sonic point which varies between the marginally stable and the marginally bound orbits, i.e., between 2 to 3 Schwarzschild radii for a Schwarzschild black hole. For Kerr black holes, both of these orbits are closer to the black hole and thus the frequency can rise. In reality, it is the inner strong shock r in < ∼ r ws < ∼ 10 with a typical location of r ∼ 7 just behind r in is more important (Samanta, Chakrabarti & Ryu, 2007) for the purpose of radiative transfer (see Figs. 8-10 below). (d) r = r sr , the size of the sonic radius of the outflow or jet which comes out of the CENBOL. This is where the jet becomes supersonic and is usually a few times the shock location (Chakrabarti, 1999; Chakrabarti & Nandi, 2000) . The outflow till r sr being sub-sonic, it is denser and can be cooled by the soft photons from the disk, especially from the pre-shock flow (r > r s ). The cold outflow then falls back and is recycled through the accretion disks again. This process may take place at an interval of a few seconds and cause the low frequency QPO.
The four length scales mentioned here scale with the mass of the black holes. They also correspond to four time scales and hence four types of QPOs whose frequencies scale as the inverse of the mass. The QPO frequency ν roughly varies as the inverse of the infall time t QP O from one of the first three types of the oscillating scales r to the horizon, i.e., t QP O ∼ ν −1 ∼ Rr 3/2 2GM/c 3 s, where R is the shock strength (R = 1 for r = r Kep ) which could be ∼ 7 for a strong shock and M is the mass of the black hole, be in of stellar mass or super-massive. For a M = 10 8 M ⊙ Schwarzschild black hole, for instance, the QPO frequency will be (a) 0.027 < ν a < 27.5µHz for 3 < r < 300, (b) 0.14 < ν b < 13µHz for R = 7, and 5 < r < 100, (c) ν c ∼ 7.7µHz for typical values (R = 7, r ws = 7). The fourth type of oscillation depends on the time in which the volume r 3 sr is filled in till the optical depth τ ∼ 1 (Chakrabarti & Manickam, 2000) . This oscillations is of low frequency (∼ mHz) and brings the spectrum from on to off states in quick succession (few minutes) due to local recycling of matter. Chakrabarti & Manickam (2000) showed that the duration (recycling time t rec ) of the QPO, depends on the QPO frequency ν b (in the off-state) itself through the relation t rec = ν Theoretical works (Chakrabarti, 1989 (Chakrabarti, , 1990 ) on axisymmetric shocks in accretion disks show that standing shocks are possible for a large region of the parameter space. This conclusion remains practically the same even when moderate viscosities are present (Chakrabarti & Das, 2004) . These solutions were found to be correct when numerical simulations were carried out. The first successful numerical simulation of time dependent shock solution was carried out in 1994 (Molteni, Sponholz and Chakrabarti, 1996, hereafter MSC96) and it was immediately realized that QPOs are due to shock oscillations. Early numerical simulations (Chakrabarti & Molteni, 1993 ; Molteni, Lanzafame & Chakrabarti, 1994) clearly showed that the centrifugal barrier causes axisymmetric standing shocks to form around black holes and further theoretical (Chakrabarti, 1990; Chakrabarti & Das 2004 ) and numerical simulations (Lanzafame, Molteni & Chakrabarti, 1998) indicated that when the viscosity is high enough, the standing shock disappears. Figures 1(a-b) show two stages of the accretion flow configuration at half-cycle intervals in the simulation of MSC96. The CENBOL region forms and collapses quasi-periodically. Here, a power-law cooling ∝ ρ 2 T α was used, α = 0.5 corresponds to bremsstrahlung. Physically, cooling reduces the post-shock pressure and moves the shock inward at a steady location. But when it is perturbed, say pushed backward, the post-shock temperature goes up as the relative motion between the pre-shock and post-shock rises. This causes excess cooling and the shock collapses toward the black hole only to be bounced back due to centrifugal force. The calculation of infall time is not easy since the presence of turbulence causes the flow to deviate from falling freely. On an average, it is seen that a constant velocity in the post-shock region, at least up to the inner sonic point, is a better guess (Chakrabarti & Manickam, 2000) . Another way is to assume the infall time from r to be ∼ Rr/v, where, R is the shock strength (ratio of the post-shock and pre-shock densities) and v is the infall velocity ∼ 1/r 1/2 . Even when the explicit cooling is absent, the CENBOL can oscillate (Ryu, Chakrabarti & Molteni, 1997, hereafter RCM97) in those situations when in the steady state, standing shock solution is absent. Figure 2 shows the results of a twodimensional simulation at two different times where we see that the shock at its extreme locations. The top panel of the Figure 3 shows the time dependence of the shock location. This oscillation causes variation in the accretion rate, average density, average thermal energy of the disk which are also shown in Fig. 3 As pointed out in Ryu et al. (1997) , the oscillation is due to absence of steady solutions for the injected energy and angular momentum of the flow. This type of oscillations should therefore be very common.
In more recent work of the numerical simulation Chakrabarti, Acharyya & Molteni, (2004) (hereafter CAM04) showed that the power density spectra could be best reproduced if the symmetry around the equatorial plane is relaxed and the shocks were also allowed to oscillate not only along the radial direction, but also along the vertical direction. Normally, in spherically symmetric space-time these two frequencies are identical, but in axi-symmetric curved space-times (such as Kerr) they may be different. The simulation in Kerr spacetime is being carried out using a pseudo-Kerr potential (Chakrabarti & Mondal, 2006; Mondal & Chakrabarti, 2006) and the results would be reported soon.
In Fig. 4 , the configurations of the disk having both the radial and vertical oscillations of the CENBOL are shown. In Figs. 5(a-d) , we present resulting variation in emitted luminosity with time (light curves) for four accretion rates increasing from (a) to (d). The mass of the black hole is chosen to be 10M ⊙ . In Figs. 6(a-d) the power density spectra (PDS) are shown. It is clear that the light curves and the PDS have similar characteristics of a typical χ class (Belloni et al. 2000) of GRS1915+105. The QPO occurs at frequencies close to break-frequencies. In case (c), the excessive noise in the light curve resulted in the absence of any prominent QPOs.
As far as the high frequency QPOs are concerned, our understanding is that it could be due to the oscillation of the inner shock close to the black hole. Figure 7 (upper panel) shows the PDS of one of our simulations which shows the presence of a high frequency QPO at around 330Hz. The simulation results (lower panel) indicate that there is a slight variation near the inner sonic point at this frequency. For details, see CAM04.
The results we just reported from SPH simulation are corroborated also even when the TVD code is used for numerical simulation. Fig. 8 shows a simulation with a typical parameter set of E = 0.02 and λ = 1.75 (Samanta, Chakrabarti & Ryu, 2007) . Here, energy is in units of c 2 and λ is units of 2GM/c. The density contours (solid curves) and velocity vector fields (arrows) at four different times (t=1.55s upper left; t=1.60s lower left; t=1.65s upper right and t= 1.70s lower right) are shown. Subtle changes in the outer shock location (r ≃ 32) and inner shock location (r ≃ 8) can be seen even when the time difference is only a fraction of a second. The oscillations of shock locations are plotted in Fig. 9a and the Fourier transformation of these locations are plotted in Fig. 9b . We clearly see that both shocks are oscillating at around ν = 25Hz. Very often we see multiple QPOs. In Figs. 10(a-b) we present the time variation of the inner and the outer shock locations and their Fourier transforms when E = 0.04 was chosen. We clearly see evidence of QPOs at ν ∼ 24 and ν ∼ 35Hz which is close to 2:3 ratio. This phenomenon is not always observed and it is doubtful if the observed 2:3 ratio is due to axisymmetric shocks at all. The oscillations of the two shocks are coupled together. This nature of all possible oscillation frequencies needs to be studied before any firm conclusion about the 2:3 ratio could be reached.
In Table 1 , we show a few stellar and super-massive mass black hole candidates which have exhibited QPOs. In supermassive black holes it is not common to talk about the variabilities as QPOs. But we believed that due to the generic nature of the QPOs, the quasi-regular variabilities are indeed due to shock oscillations and mentioned this even in early to mid ninties (Chakrabarti & Wiita, 1992 Molteni, Sponholz & Chakrabarti, 1996) .
QPO physics in black hole candidates becomes more transparent when an outburst is studied in detail. In February 2005, the GRO 1655-40 exhibited an outburst which is more exciting than that which occured in 1996. Here, one could track, how on a daily basis the QPO frequency rises and finally QPO itself disappears suddenly. By fitting the QPO frequencies with time it became clear that the oscillating shock drifts in in at a constant velocity of nearly 20 meters a second when the out burst started. Figure 11a shows the frequency change with time and its fit with constant shock-drift model (Chakrabarti et al. 2005) . At the decline phase of the outburst, the shock drifts outward at a constant acceleration (Fig. 11b) . The changes in the spectral characteristics indicate that the decline occurs when the oscillating shock propagates away in the jets ). Here the spectrum becomes more and more dominated by the power-law component of the jets. This drifting in of the accretion shock and drifting out of the jet shock could be common in many systems. [5] 160, 240 [5] 0.01-22 [5] XTE J1650-500 ?? 50≤ i ≤ 80 [6] 55±5, 103±28, 1.3-10.9 [7] 139±8, 204±16, 250±5, 280 [7] XTE J1859+226 7. [16] ?? -1E − 04 [16] RX J0437.4-4711 ∼ 1E + 08 [17] ?? -1.3E − 05 [17] NGC 4051 1.4 × 1.E + 06 [18] 50 [18] -∼ 1.2E − 07 [18] Ark 564 ∼ 8E + 06 [19] ?? -?? OJ 287 16±1.5E + 09 [20] ?? -(1 − 3)E − 09 [20, 21] M82 X-1 ∼ 1E + 03 [22] , 25-500 [23] ?? -(54,58.5,67,87,113, 166)E − 03 [22−25] NGC 5408 X-1 100 [26] ?? -1E − 03 [27] Holmberg IX X 1 50-200 [28] ?? -202.5 1E − 03 
QPO Frequencies Having 2:3 Ratio
Several black hole candidates, such as GRS 1915+105, GROJ 1655-40, H 1743-322 and XTE 1550-564 exhibit twin high frequency quasi-periodic oscillations (QPOs) whose ratio is 2:3. This behaviour seems to occur only for high frequencies (though in GRS 1915+105, 41Hz and 67 Hz, with a ratio of almost 2:3 is not of that high frequency; this only indicates that GRS 1915+105 is of higher mass than other average stellar mass black holes), i.e., when the oscillating physical region is located closer to the black hole. Second, the objects which exhibit them have the disks inclined at an angle of about ∼ 60 − 80 degrees or more. Third and perhaps more important, QPOs of this ratio are seen when the spectral state is becoming softer. Moreover, the fundamental ferquency is not seen at all (but see, Remillard et al. 2002 where it is claimed that the fundamental is present in XTE J1550-564 and GRO J1655-40). Here we argue that this 2:3 ratio is actually due to non-axisymmetric spiral shocks in the disk near the black hole.
Why Spiral Structures Should Form In The Disk
Spiral structures are common in accretion flows since any density enhancements would be sheared before it falls on to the black hole. However, to have sustained structures one may require sustained perturbation such as a binary companion. In a strictly two dimensional flow, the turbulent energy is known to be concentrated in larger scales and in strictly three dimension, the energy cascades into smaller and smaller scales (e.g., Frisch, 1996) . However, an accretion disk is neither very thin (two dimensional) nor very thick (three dimensional), especially when spectrally soft states are achieved and the CENBOL size (both vertically and radially) decreases due to the fall of pressure. Hence the turbulent energy would neither cascade in to the largest scale (single armed spiral), nor to the smallest scale (total chaos), but perhaps to intermediate scales (two or three arms). Numerical simulations indicate that the tidal processes due to a binary companion do not induce one armed spiral shocks. Simulations of 3D flows also show that the one arm is produced only due to ram pressure induced by eccentric orbits (Hayasaki & Okazaki, 2005) . Single armed spirals were seen to grow rapidly in a thin, two dimensional, constant angular momentum simulation (Blaes & Hawley, 1988) but as the angular momentum distribution is changed towards Keplerian distribution, the growth rate is reduced. Single armed spiral waves may exist only in nearly Keplerian disks provided only a single central source of perturber is present (Lee & Goodman, 2005) . In theoretical studies of self-similar spiral shocks it was found (Chakrabarti 1990 ) that when the adiabatic index γ is closer to 1.67, the density waves become fragmentary and no large scale structures can form. As γ starts going down to 1.5 or less, the radiation pressure starts dominating and the standing shocks may form since the flow starts having more than one saddle type sonic points. Steady state spirals may also form. However when γ goes down even further to 1.2 or so, and the gas becomes cooler. Thus, as the flow goes to spectrally soft state, the spirals may fragment into two to three pieces but not to one. All these results suggest that the formation of more than one arm is more probable when we have a realistic disk. At a given point in time, how many arms would form will depend on the nature of the viscous processes which dictate the angular momentum distribution inside the disk. Because the shape of the inner disk becomes increasingly thiner when the spectrally softer states are reached (due to collapse of the CENBOL), we believe that the 2:3 ratio observed in QPO frequencies in several objects is directly related to the behaviour of turbulence in a '2.5-dimensional' accretion disk which is neither thick nor thin . As the accretion rate increases and the axisymmetric shock is pushed inside due to ram pressure, it breaks partially and causes the spiral structures to form (which may be sustained due to tidal effect of the companion). Thus, these high frequency QPOs at 2:3 ratio occur when the spectrum is becoming softer.
Fragmentation of Spiral CENBOL Close to a Black Hole
We present results of numerical simulations in presence of a binary companion in an adiabatic accretion disk. Figures 12(a-c) show the density (Z-axis) distribution as a function of X and Y coordinates. The simulation was carried out with γ = 1.2 and q = Mx/Mc = 1, where, Mx and Mc are the masses of the compact object and the companion respectively. The three figures are drawn at T = 2.296, 3.422 and 3.746 respectively (Chakrabarti, 1996) . Here, time is measured in units such that 2 pi is the orbital period. Thus the number of arms are changing from (a) two to (b) three to (c) two respectively in about 0.5-1 orbital period. The post-shock region (which may be called Non-Axisymmetric CENtrifugal pressure supported BOundary Layer, or NACENBOL) will continue to be hot and will continue to Comptonize soft photons as the axisymmetric CENBOLs do. In order that the effect of non-axisymmetry is reflected in the observed lightcurve, the inclination angle must be large, otherwise modulation due to non-axisymmetry will be absent or weak. The strongest emitting region from these shocks are very close to the inner region of the disk (Fig. 13a ) and when compared with the procedure by which CENBOL oscillates (Chakrabarti, Acharyya & Molteni, 2004) we expect that the NACENBOLs would also oscillate around the mean location at time scales comparable to the dynamical time (time to traverse from one shock to the other) at the inner region. Thus, the ratio of the QPOs would be the ratio of the dynamical time of the flow having two and three shocks. As schematically shown in Fig. 13b , the modulation is the highest when viewed edge on due to shadowing effect.
Concluding Remarks
The advective disks which include oscillating axi-symmetric and non-axisymmetric shocks reproduce both the low frequency and high frequency QPOs very well. The fact that QPO frequencies change with luminosity may be due to the variation of cooling time scale with accretion rate. Unlike other models of QPOs which resort to various types of vibrations, our solution shows that (a) the low frequency QPOs should generally occur during the transition to the low-hard state or during a low-hard state. Very low frequency QPOs are associated with the filling time of the sonic radius. (b) Since the jets are associated with CENBOL, it is expected that when QPOs are seen, there should be jets/outflow activities as well. (c) Since QPOs are supposed to be due to the oscillations of the CENBOL which shrinks with the increase of the cooling rate, i.e., accretion rate, the frequency of oscillation should generally rise with the accretion rate. This will be contradicted if, say, viscosity goes down and the angular momentum goes up which increases the size of the CENBOL.
We showed a curious simulation result (Samanta, Chakrabarti & Ryu, 2007 ) that very often there are two shocks in the flow: one is due to the usual centrifugal barrier and the other is due to the turbulence and both are coupled together in such a way the high frequency oscillation of the inner shock is also iduced to the outer shock. But the outer shock also has lower, very often non-harmonic, components. This study may be valuable in understanding multi-frequency QPOs in black holes.
Occasionally, QPOs at high frequencies are observed at ν 2 /ν 3 = 2/3 ratio. What we expect is that when the CENBOl is cooled down to the extent that the axisymmetric shock moves closer, some kind of non-axisymmetric perturbation causes it to break in to two or three shocks alternatively. Thus the fundamental (due to axisymmetric shock) disappears and harmonics set in, typically one becomes more intense than the other. Our simulations show this alternate break up in order of fraction of an orbital period also explains why objects with disks having high inclination angle are more favorable to have QPOs with such a special frequency ratio. However, intrinsic variation of the shape of the NACENBOL causes differential variation of the intercepted soft photons. Thus, emitted hard photon numbers should continue to be modulated even at a smaller inclination angle also. But when viewed nearly end on, the modulation would be insignificant in comparison to the background photon. Fig. 1 . Flow topologies at two phases of the shock oscillations in simulations in which only the radial oscillation of the shocks are allowed (from MSC96). Power law cooling has been used. Shock oscillates due to the matching of the infall time and the cooling time. Fig. 2 . Comparison of the flow topologies at two phases of the shock oscillations in simulations in which only the radial oscillation of the shocks are allowed (from RCM97). Here no cooling was used but the energy and angular momentum were so chosen that no standing shock is formed. Fig. 3 . Time dependence of the average shock location, accretion rate, average density and average thermal energy during sustained oscillation of an advective, sub-Keplerian disk (from RCM97). Fig. 4 . Configuration of the advective flow with cooling effects at three different phases of oscillation when both the radial and the vertical motions of the shocks are allowed (i.e., no symmetry is imposed). The modulation of X-rays due to this oscillation causes quasi-period oscillations in black hole candidates (from CAM04). The modulation increases when the inclination angle is high due to shadowing effect.
